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 1. The Circumcenter is the Orthocenter of the Cevian Triangle of the Euler 

Re  ection Point.
 1.    G  O -

      
  ABC. ,  -

    GO  
 BC, CA  AB     

.  E     -
 ,  A1     -

 AE  BC.   
 B1  C1. ,   

   ABC   
  A1B1C1 ( .1). 

 E,     
 1,   Euler Re  ection Point.      Pohoata3 

(2010).  (Kimberling4)    Focus of the Kiepert Parabola.
 1 .          A1B1C1, -

     1. 
        ,    

1          ABC .

.  1
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 2. The Yff Center of Conguence is the Internal Center of Similitude of the 
Incircle and the Circumcircle wrt the Pedal Triangle of the Incenter.

 2.  I      ABC ,  A1, B1  C1  
        BC, CA  AB. 

 Y           
 A1B1C1 ( . 2.).   LA    Y    
    A  ABC,  P1  Q2    
 LA    AB  AC.    P2  Q2 

  P3  Q3 ( .3.). ,   YP2Q3, Q1YP3  P1Q2Y  
.

. 2 . 3

 2 .     2   Y ,  -
 YP2Q3, Q1YP3  P1Q2Y  .        
 Y.

 Y       ,     
2.     Yff Center of Congruence     1987 .  

  Peter Yff.        
     Y    .    

   Wikipedia5 – Yff Center of Congruence.    ,  
       ,   2007 .   

  „ “ (JCGM6, 2007, Yff Center of Congruence).  ,  -
  „ “ „has generated several interesting results“.    

    „ “     . 

 3. The Internal Center of Similitude of the Incircle and the Circumcircle is 
the Circumcenter of the Triangle of Re  ections of the Gergonne Point in the Sidelines 
of Triangle ABC.
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 3.   ABC   Pa, Pb  Pc      
 ABC      BC, CA  AB. ,   

APa, BPb  CPc     .      Ge.  
A1, B1  C1     Ge   BC, CA  AB.  

 Si      A1, B1  C1. ,  Si  -
          ABC ( .4).

 4 -      3. 

 4. The External Center of Similitude of the Incircle and the Circumcircle 
is the Circumcenter of the Triangle of Re  ections of the Nagel Point in the Sidelines 
of Triangle ABC.

 4.   ABC   Pa      BC  -
  ABC ,   A.   

 Pb  Pc. ,   APa, BPb  CPc     . 
     Na.  A1, B1  C1     Na  

  BC, CA  AB.   Se     
 A1, B1  C1. ,  Se        

    ABC ( .5).

 2.    
   Kimberling     ABC  -

      ABC    .  -
        ABC   
  ABC.       

         ,     
.
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,    ABC  A1B1C1  ,    
AA1, BB1  CC1     .       

  .      „   -
“    „ “.      

    . 
-       ,   

„ “. 

 5. The Nagel Point is the Prespector of Triangle ABC and the Intouch 
Triangle of the Medial Triangle.

 5.   ABC   A1     BC.  -
  B1  C1.  A2       A1B1C1 

   B1C1.    B2  C2. , 
  AA2, BB2  CC2     .    N   

. ,   AN   BC  ,    
    ABC ,    A.  -

     BN  CN ( .6).

. 6
 5     Kimberling, Nagel Point,   -

,      2011 .  Randy Hutson. ,   
   ,    ,    „ “ 

    2007 .  JCGM (2007, Nagel Point).   -
      ,    Kimberling    

  2007 .  JCGM (   Kimberling, Symmedian Point; 
Kimberling, Mittenpunkt  . .).       

   ,   ,      
Kimberling. 
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 6.  The Yff Center of Conguence is the Prespector of Triangle ABC and 
the Incentral Triangle of the Intouch Triangle.

. 7

 6.    ABC   A1       ABC -
   BC.    B1  C1.  I   

   A1B1C1     A1I   B1C1   
A2.    B2  C2. ,   AA2, BB2  CC2  

    ( .7).    Y   .   
  2 ,   YP2Q3, Q1YP3  P1Q2Y  . 

 6            -
  Yff, . .  6   ,        

 2 . 
 7.  The Fourth Brocard Triangle is perspective with the Triangle of the 

Circumcenters of the Triangulation Triangles of the Outer Fermat Point.

. 8.   K      PaNa, PbNb  PcNc (    
  ).
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 7.   ABC   BCFa      BC  
   60o,   Fa    ,    

BC,      A.    CAFb  ABFc. 
,   AFa, BFb  CFc     .    

  F.  Pa      BCF .  
  Pb  Pc.  Na       -

  ABC   A  ,     ,  
    ABC.    Nb  Nc. -

,   PaNa, PbNb  PcNc      ( .8). 
,   „ “,       

,    7.
 7a.   ABC   La  Ma      

     A.  cA     
LaMa.    cB  cC.  K    

  PaNa, PbNb  PcNc,      7. ,  
 cA, cB  cC     K.

 7b.  PaPbPc  ,      7. 
,     .

,      7 ,    -
  ABC,  NaNbNc,      7,   

,    &   2012. 
 3.       
        -

       .  2011 . Randy 
Hutson (Kimberling, Kosnita Point)     

  ,    „   “ („Kosnita 
Product“).          -

 .  ,   „Kosnita Product“ „ “ -
  „Triangulation Product“.

 P  Q      ABC,  OA     
 Q   PBC.    OB  OC.  ,  QAQBQC 

      ABC  QAQBQC  , ,  
       P  Q,     -

   .      K(P,Q).  
 ABC  QAQBQC    ,    

  .
-          , 

  „ “. 
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 8. The Triangulation Product of the Equal Parallelians Point and the 
Centroid is the Grinberg Point.

. 9 . 10 

 8. ,     ABC     
 .    ,     BC,  
 AB  AC    Ba  Ca.    

Ab, Cb, Ac  Bc.   BaCa, AbCb  AcBc    ( . 
9).      .  Ma    BCE.  

  Mb  Mc.  La      -
  A   BC.    Lb  Lc.   Ga 

   ALbLc.     Gb  Gc. , 
  AMa, BMb, CMc, AGa, BGb  CGc      ( . 10). 

 . 10     AMa, BMb, CMc, AGa, BGb  CGc  
  K,       .

        ,   
„ “,       ABC.     

           K(P,G), 
 G    ABC.

 9. The Triangulation Product of Point P and the Centroid is the Complement 
of the Complement of Point P.

 9.   P       ABC,   -
  ,  G    ABC.  Ga   

 PBC.    Gb  Gc.   L     
P   h(G, k)   G   1

2
k .  K    

 L    h(G, k) ( .11). ,   AGa, BGb  
 CGc     K ( .12).
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. 11 . 12

   ,  K     ,    
 PG   3:1.  -    ,    

     .
  .      -

   O  ,       -
 : A(a,0),B(b,0),C(0,c).  P(u, v)      

 ,    .   Ma, Mb, Mc   
   BC, CA, AB.     G 

 ,     AMa   2:1. -
   Ga, Gb, Gc   PBC, PCA, PAB  

,     PMa, PMb, PMc   2:1. 
  K,     PG   3:1. -

,   A, K, Ga    . ,   B, K, Gb  
  ,  ,    C, K, Gc    .   

,   K     AGa, BGb  CGc,  
,  K      .  ,    

     ,     ,  -
 .       - . 

      ,    
           -
         .   

        -
   G = (1,1,1) ,      
1 1 1, ,
3 3 3

G .      Maple   

 .          -
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    Maple    ,    -
.              
.   Maple         

  .  Theorem9_1.mws  ,  -
     ,   Theorem9_2.mws 

      . 
  9        8,   -

 ,      „ “: „The Grinberg Point is the 
Complement of the Complement of the Equal Parallelians Point“.

          
  ,       -

     „Complement of Complement“.  
          „ “, 
    ,      .

 4.        

          -
     .      -

 ,        .    -
           

(Kiepert),     1869 . 
-         .

 10.  The External Center of Similitude of the Brocard Circle and the 
Second Brocard Circle of the Medial Triangle lies on the Kiepert Hyperbola.

 10. ,      ABC  -
  P – ,  PAB = PBC = PCA ( . 13),   

  Q – ,  PBA = PCB = PAC.  c1   
  P, Q     ,   ABC.  

MaMbMc     ABC,  Om     -
 MaMbMc .   Pm     P,   

MaMbMc.  c2     Om     Pm.  
S        c1  c2 ( . 14). , 

   , ,  .  BCFa   -
   BC    ,   .   

CAFb  ACFc.   AFa, BFb  CFc     S. 
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. 13 . 14

   
  2 e   „Internal Center of Similitude of the Incircle 

and the Circumcircle wrt the Pedal Triangle of the Incenter“.    -
  „wrt“  „of“,    .     

 ,         . 
         .     

  -  ,        
.      CGEEG (2013).
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     apps.zip,      -
 MWS (   Maple),      . 

            -
.
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SOME APPLICATIONS 
OF THE COMPUTER PROGRAM „DISCOVERER“

Abstract. The aim of the computer program „Discoverer“, which is in process of 
development by the authors of this article, is to discover new theorems in Euclidean 
Geometry. The authors present some theorems, generated by „Discoverer“ and show 
how these theorems could be used.
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